Let A be a function algebra with its maximal ideal space M A . Let B be a function algebra such that icβc C(M A ). What can be said about MBΊ We prove that M A = M B if every point x e M A has a fundamental neighborhood system {W} such that the topological boundary 6W of each W is contained in the Choquet boundary of A or if A is a normal function algebra. The first condition is satisfied if M A is a one dimensional topological space. Let H(A) be the function algebra on M Λ generated by all functions which are locally approximate in A. We prove that M HU) = M A and then we try to generalize this result. If feC(M A ) is such that / is locally approximate in A at every point where / is different from zero then M A is the maximal ideal space of the function algebra generated by A and /. We also look at closed subsets F of M A such that M mF) = F where H(F) is the function algebra generated by restricting to F all functions that are defined and locally approximable in A in some neighborhood of F. These sets are called natural sets. We prove that there exists a smallest natural set B(F) containing a closed set F in M A and that the Silov boundary of H(B(F)) is contained in F. We also find conditions that guarantee that a closed set in M A is a natural set.
If X is a Sf3t and / is a complex-valued function defined on X then \f\ v = avφ{\f(x)\\xe V} for every VaX and f v is the restriction of / to V. If V is a subset of a topological space X then bV is the topological boundary of V in X. If A is a function algebra we denote by M A its maximal ideal space, and S A its Shilov boundary. A point x e M Λ is a strong boundary point in A if {x} = Π P(f), where P(f) are peak sets of A in M A . We shall use the wellknown fact that S A is the closure of the strong boundary points of A in M A . If ί 7 is a closed set in M A then Hull A (F) = {xeM A \\f(x)\ ^\f\ F for every feA}.
If xeRuYl A (F) we say thet F is a support of x. A minimal support of x is a support F of x such that no proper closed subset of F is a support of x. Now we have the principle of minimal supports. Let F be a minimal support of x. Suppose {f n } e A is such that I f n \ F ^ K for some constant K independent of n and lim | f n \ wf]F = 0, where W is an open subset of M A such that W Π F is not empty. Then it follows that lim f n (x) -0. If F is a closed set in M^ then A F is the function algebra on F generated by functions / e C(F) such that / = g on F for some g e A. Now M A can be identified with (W) \f is locally approximable in A at every point in W, i.e., if xe W there exists a neighborhood V a W oί x and {gfJeA such that lim \g n -f\ v = 0.}. We put iϊo(^.) = H 0 (M A ) and iϊ(A.) is the function algebra generated by H 0 (A) on M 4 . If F is a closed set in M A then .HXF) = {/ 6 C{F) \f = g on F for some geiJ 0 (F), where F is some neighborhood of F}. We let fi^F) be the function algebra on F generated by H 0 (F). We shall now discuss the results of this paper. The general problem which interests us here is the following: Let A be a function algebra with its maximal ideal space M A . Let B be a function algebra such that
ACLBCLC(M A ).
What can be said about M B t In Lemma 1 we give the well-known construction which shows that M B in general is strictly larger than M A . A point x e M A is a stationary point if {x} B = {x} for every B such that A cBe C(M A ). A is a resistent function algebra if M A consists of stationary points. In Theorem 2 we prove that A is a resistent function algebra if every point x e M A has a fundamental neighborhood system {W} such that {b W} consist of stationary points. We remark here that the Choquet boundary of A is contained in the set of stationary points and that A is resistent if M A = [0,1]. A function algebra A on a compact set X is regular if A separates points from closed subsets of X. It is wellknown that if X = M A then A is normal, i.e., A separates disjoint closed sets. In Theorem 4 we prove that if A is a regular function algebra on X then X consists of stationary points when we consider X as a closed subset of M A . We remark that if A is a normal function algebra on X then X -M A . The rest of this paper is mostly devoted to a study of relations between A and H(A). We have never introduced the general concept of A-holomorphic functions as is done in [3] . We wish to point out that our methods come almost entirely from [3] and [4] . Our proof of Theorem 5 uses an argument which is essentially the same as in Lemma 3.1, p. 368, in [3] . We point out that Theorem 7 gives a proof of Rado's Theorem: Let / e C(F) where F is a polynomially convex compact set in the complex plane. Assume that / is analytic if / is different from zero. Then it follows that / is analytic in the interior of F and hence feP (F) 
But now we choose g e B such that g(x) = 1 while g = 0 on F and obtain a contradiction. Hence M A Φ M B and the lemma follows. a contradiction to the fact that A is a convex function algebra.
LEMMA 2. Let A be a convex function algebra and let AaBcz C(M A ) .

Then the fibers {x}
Now FaV is impossible since A v is a resistent function algebra. Because / = 0 in M A -V the principle of minimal supports shows that f(x) -0. Choose y e M A such that g(x) = g(y) for g eA. Since y and x are different points of M Mf) it follows that f(y) must be different from zero, hence yeV.
We have now proved that Dd{V} A(f) . Now Lemma 1 shows that A v is a convex function algebra and Lemma 2 can be applied to show that {z} Mf) are connected in M Mf) for every z .e V. In particular {y} Mf) Proof. Choose a strong boundary point x e F of the function algebra A F . (F) for every closed subset F of M A .
THEOREM 6. Let AdBa. C(M Λ ). Let feB be such that fe H Q (A). Then f is constant on each fiber {x}
fix) -f(y(x))\ £ \\f(z) -f(y(z))\dm(z) .
It follows that \f(z) -f(y(z))\ = \\d\\
Proof. Let F be a closed subset of M A such that F = Hull A{f) (F).
Let us put G -Hull A (F) and assume that
We see that the Shilov boundary S c of C meets Zλ Hence we can find x e D such that x is a strong boundary point of C. Let us assume that f(x) Φ 0. Choose a closed neighborhood V c (Mj -F) of a? in ilί^ such that there exist {g n } e A with lim I g n -/ \ v = 0. Now we choose ΛeC such that if P(h) = {x e G | Λ(#) = |λ,y then xeP(h) and P(λ)c F with P(Λ) n Z>F empty. Since ΛeC we can find {h n } e A with lim \h n -h\ VΓ[G = 0. Now the local maximum principle shows that \g(x)\ ^ \g\bvnG for gei. It follows that \h(x) = lim |λ w (α;)| ^ lim |Λ Λ | 67nG = |Λ| 67nσ , contradiction to the fact that P(h) ΠbV is empty. Hence we have proved that if xeD is a strong boundary point of C then /(#) = (). If x e J9 we can choose a minimal support Γ of x such that TczS c .
Since Let A be a function algebra. If F is a closed subset of M A we have defined the function algebra H(F). We are now interested in the maximal ideal space of H(F). Hence C can be restricted to H(F a ) and we obtain a complex-valued homomorphism of H{F a ) such that C(g) = #(τ/) for # G A. Hence D c iί = Hull II{F) (bD) . Let us put C = H(F) K and choose x G 6D such that # is a strong boundary point of C. Choose a closed neighborhood V of y (x) 
THEOREM 8. If H(A) is a resistent function algebra then
DEFINITION. If F is a closed subset of M A we put F - {yeM A \{y} H{F) r\ M H{F) is not empty}. DEFINITION. A natural set in M A is a closed subset F of M A such that F = M H{F) .
Proof. Let zeM II{Fl) .
If geH(F) the restriction of g to F ι gives an element of H(F X ). It follows that g{z) -g(y) for some point yeM H{F) when geH(F).
In particular f(z) = f(y) and since I f(z) 1^1/ \F X it follows that y e F x . Hence we have proved that F x = F, and now Theorem 10 implies that F γ is a natural set. THEOREM 
Let F be a closed subset of M A . Let S(F) be the Shilov boundary of H(B(F)). Then S(F)aF.
Proof. Assume that S(F) meets B(F) -F. Hence we can find x e B(F) -F such that x is a strong boundary point of H(B(F)).
Now we can choose f eH(B{F)) such that F x = {xeB(F)\\f(x)\ ^ 1} contains F and omits the point x.
Lemma 5 shows that F^ is a natural set, a contradiction to the fact that B(F) is the smallest natural set containing F.
We finally give some examples of natural subsets of M A .
DEFINITION. An A-analytic polyhedron P is a closed set in M A of the form P = {xe V\\f a (x)\ ^ 1 where V is an open neighborhood of P and {f a } is a family in H 0 (V)}. THEOREM 12. An A-analytic polyhedron is a natural set.
Proof. Let U be an open neighborhood of P and W a closed set containing U such that WaV. Now we can find finitely many {/ α }, say f 1 f k such that P, = {xe W\\ fi(x) | ^ 1, i = 1 k} is contained in U. Now we can prove that P γ is a natural set using the same argument as in the final part of Theorem 5. Finally we let U shrink to P and obtain natural sets {P σ } such that P -dPu. Now Corollary 2 shows that P is a natural set.
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